THEOREM 1. If f (A) =B where f is open, then there exists a subset A\ of A such that (1) f(Ai) = B, (2) for yÇîB, the setf~x(y) -A x is countable, and (3) ƒ, considered as a transformation of Ai into B, is open.
PROOF. Let Ki, K 2 , • • • denote the elements of a countable base (open sets) for the space A. For every yÇ:B and each i let P y i be a point of Ki'f~~l{y), provided this set is non vacuous. Let A\ be the set of all points P y i so obtained. Properties (1) and (2) The author has shown 6 that there exists a space B\ of dimension n-1, and an at most 2-to-l mapping </ > of B\ onto A. Furthermore the subset of Bi consisting of all can be replaced by the weaker assumption that every point of B has arbitrarily small neighborhoods with compact boundary. The proof is not given. Some assumption of compactness seems necessary. Consider the following example.
Example. There exist, in the plane, spaces^, and B and an open 1-1 transformation ƒ with f (A ) = B, with dim ^4=0 and dim B = 1.
The space B is an example due to Sierpinski [6, pp. 81-83] . This space B has the following properties: (1) it is 1-dimensional, (2) it lies in the plane with O^xrgl, O^y^l, (3) it contains at most one point (x, y) for a given x, and (4) the set of all points (x, 0), such that for some y the point (x, y) £ J3, is homeomorphic to the Cantor ternary set. Let A be this set defined by (4) . Then A is the projection of B onto the x-axis, and for (x, 0) Ç.A there is a single point (x, y) in B. Define ƒ as follows:/(x, 0) =/(x, y) £J3. Then ƒ has the required properties.
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